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as, strong stability (Jackson and van den Nouweland 2005), pairwise stability
(Jackson and Wolinsky 1996), consisten





(a). If path dominance is induced by a direct dominance relation (as opposed to



are not necessarily the same).8 Connections are represented by arcs and each arc





and indirect dominance and all of our main results (i.e., our results on basins of
attraction, on path dominance stable sets, and on the path dominance core) hold
for both path dominance based on direct dominance or path dominance based on
indirect dominance.

1.3 Examples: club formation and contracting networks





and let G\(a, (i, i�))





3.2 Rules

The rules of network formation are specified via a collection of coalitional effectiveness
relations {$S}S∈P (D) defi



1 � |S| � 2. Referring to Figure 2, the eff



Referring to Figure 3, the eff





3.3.1 Direct Dominance

Given primitives (G, {"S} , {$S} , >)S∈P (



G� = G or if there exists a finite sequence of networks {Gk}h
k }��G G��G}



to network G3. Thus,



Thus, if G� is maximal then G �p G� implies that G and G



4.2 Basins of Attraction

Stated loosely, a basin of attraction is a set of equivalent networks to which the
strategic network formation process represented by the game might tend and from



for some network G 5 Z. Note that for networks G� and G in Z such that G� �p G,
AG� = AG (i.e. the basins of attraction AG� and AG coincide). Also, note that if
network G 5 G



Theorem 3 (Stable sets: existence, construction, and cardinality)
Let (G, �p) be a network formation game, and without loss of generality assume

that (G, �p) has basins of attraction given by

{A1, A2, . . . , Am} ,

where basin of attraction Ak contains |Ak| many networks (i.e., |Ak| is the cardinality
of Ak). Then the following statements are true:

1. V � G is a stable set for (G, �p) if and only if V is constructed by choosing one
network from each basin of attraction, that is, if and only if V is of the form

V = {G1, G2







Denoting the new dominance relation by k,the network formation game
�

G, kp

�
has

3 circuits and 2 basins of attraction,
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primitives and we show that if the path dominance core is nonempty then the set of
strongly stable networks is nonempty and contains the path dominance core. It then
follows from Theorem 4 that the existence of a basin of attraction containing a single
network implies nonemptiness of the set of strongly stable networks. Moreover, we
show that if the dominance relation underlying (or inducing) the path dominance
relation is a direct dominance relation then (i) the path dominance core is equal to
the set of strongly stable networks and (ii) the existence of a basin of attraction
containing a single network is necessary and sufficient for nonemptiness of the set of
strongly stable networks.

We begin with a formal defi







largest consistent set (i.e., the Chwe set - see Chwe (1994)). This fact together with
our Theorem 3 imply that there always exists a path dominance stable set contained in
the largest consistent set. Thus, if the network formation game has a nonempty path









club network G 5 P (A × (D × C))

(1, (i, c)) 5 G





then the path dominance core defined with respect to direct dominance is nonempty.





6.2.3 Preferences, Rules, and Dominance





7 Further research

Our abstract game approach to network formation, while not explicitly dynamic,
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